A note on the dimension of products by Charalambous, M. G.
Toposym 4-B
Michael G. Charalambous
A note on the dimension of products
In: Josef Novák (ed.): General topology and its relations to modern analysis and algebra IV,
Proceedings of the fourth Prague topological symposium, 1976, Part B: Contributed Papers. Society
of Czechoslovak Mathematicians and Physicist, Praha, 1977. pp. 70--71.
Persistent URL: http://dml.cz/dmlcz/700699
Terms of use:
© Society of Czechoslovak Mathematicians and Physicist, 1977
Institute of Mathematics of the Academy of Sciences of the Czech Republic provides access to
digitized documents strictly for personal use. Each copy of any part of this document must contain
these Terms of use.
This paper has been digitized, optimized for electronic delivery and stamped
with digital signature within the project DML-CZ: The Czech Digital Mathematics
Library http://project.dml.cz
A NOTE ON THE DIMENSION OP PRODUCTS 
M.G. CHARALAHBOUS 
Zaria 
A subset of a uniform space (XfU) is called 2^-open if it is the 
inverse image of an open subset of the space of real numbers under a u-
niformly continuous function •Complements of &-open sets are called W-clo-
sed. We set uV dim X » -1 or U- Ind X * -1 if and only if X • 0 . 
For n • 0fl92f*,# we write M-dim X £ n if every finite tt-open cover 
of X can be refined by a finite U-open cover of order £ n j and 
1i- Ind X < n if for any two disjoint tf-closed sets Ej 9 Eg of X 
there are disjoint It-open sets Glf G£ with 15^ G ^ E 2cG 2 and 
W- Ind (X-G,u G g ^ n - l , where for a subset Y of X we write 
U- Ind Y rather than tlj- Ind Y « If HI is the Sech uniformity on 
a Tychonoff space X f we set Ind X m fll- Ind X* These dimension fun-
ctions are rather well-behaved with respect to properties that it is 
desirable for a dimension function to possessf e.g. subset and sum the-
orems [l, 2f 3t 4] • Proofs of the following, results will appear in a 
forthcoming paper* 
Proposition L-. Every uniform space with It-Aim S-m can be dense-
ly embedded in a uniform space with ZUdim^n and which is the inver-
se limit of metric spaces with dim£n . 
Proposition 2^ Por any Infinite cardinals <xf fi » there is a 
universal space for M-dim £n and double weight £ (cct(3). 
Proposition 3„ If one of (XtU)f (YfV ) is not emptyt then 
U*1T -dimXxY^IWim X + IT- dim Y. 
Proposition 4_. If one of (Xftl)9 (Y,V ) is not empty, then 
U x It - Ind X x Y* II- Ind X + F - Ind Y# 
Proposition 5» If every cozero subset of (X,U) is the union of 
a ^--locally finite collection of 2l-open sets of Xf then, for any 
subset Y of Xt %~ Ind Y* U - Ind Y, where W is the Sech unifor-
mity on X# 
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Proposition 6. If XxY is rectangular [5] , i.e. every finite 
cozero cover of XxY can be refined by a 6"-loeally finite cover 
consisting of products of cozero sets of X, Y, and one of Xf Y is 
not empty, then Ind *XxY^Ind *X + Ind *Y # 
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